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Abstract—This article presents a control and modulation strat-
egy for medium-voltage (MV) five-level neutral-point-clamped
(NPC) H-bridge drive systems. The proposed method combines
system-specific optimized pulse patterns (OPPs) and a gradient-
based model predictive control (MPC) scheme. Specifically, the
OPPs are designed to reduce the significant DC-link voltage ripple,
which is an inherent drawback of the topology at hand, while
simultaneously enabling very low stator current total demand
distortion (TDD). To achieve high-bandwidth closed-loop oper-
ation, the developed MPC scheme individually manipulates the
OPP switching time instants at the single-phase level. As a result,
the combination of optimal control with optimal modulation en-
sures both excellent steady-state performance and fast dynamic
responses. The proposed approach is validated in real time using
a hardware-in-the-loop (HIL) environment, demonstrating its ef-
fectiveness and superior performance compared to conventional
methods such as field-oriented control (FOC) with space vector
modulation (SVM), direct torque control (DTC), and finite control
set MPC (FCS-MPC).

Index Terms—DC-link voltage ripple, high-power drives, model
predictive control (MPC), multilevel converters, neutral point
potential, optimal control, optimized pulse patterns (OPPs).

I. INTRODUCTION

IN HIGH-POWER medium-voltage (MV) drive systems,
multilevel converters are widely used due to their advantages

over conventional two-level voltage source converters, such
as improved current quality, lower output voltage dv/dt, and
reduced common-mode voltage [1]. These features make them
attractive for applications, including pumps, fans, compressors,
and steel rolling mills [2]. One adopted topology is the five-
level neutral-point-clamped (5L-NPC) H-bridge inverter [3]. It
consists of three five-level H-bridge cells, each supplied by
independent DC links fed by three 12-pulse diode rectifiers.
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This configuration doubles the output voltage capability of a
standard three-level NPC inverter, while maintaining the same
device voltage stress, thus enabling the use of semiconductor de-
vices with lower voltage rating. Moreover, the 36-pulse rectifier
configuration—though requiring an expensive transformer—
achieves network currents with very low harmonic distortion,
complying with harmonic grid standards (e.g., IEEE 519 [4])
without additional harmonic input filters.

The 5L-NPC H-bridge inverter drive system, however,
presents several challenges. First, MV drives are operated at
low switching frequencies of a few hundred hertz to limit the
switching losses and remain within the cooling capabilities of
the converter, and thus, retain the full power capability [5], [6].
At a such low switching frequencies, the harmonic performance
of commonly used modulation methods, such as space vector
modulation (SVM) and carrier-based pulsewidth modulation
(CB-PWM) [7], is unsatisfactory. In addition, the presence of
three independent DC links requires balancing the voltages of
the DC-link capacitors in each phase by keeping the corre-
sponding neutral point (NP) potentials close to zero. More-
over, the single-phase power draw by the induction machine
(IM) results in a dominant second harmonic in the DC-link
voltages, which can increase the stress on the semiconductor
devices.

The above challenges can be collectively addressed through
optimal modulation in the form of optimized pulse patterns
(OPPs) [8]. OPPs are computed offline by solving a mathemat-
ical optimization problem that typically aims to minimize the
load current total demand distortion (TDD) [9]. The resulting
pattern, i.e., the switching angles (switching time instants) and
corresponding switch positions, is stored in a look-up table
(LUT) and retrieved in real time during drive operation. As
a result, favorable steady-state performance is achieved, since
the OPPs yield the theoretically minimum current TDD at a
given switching frequency. More interestingly, owing to the
versatility of the optimization problem formulation, OPPs can
be designed to address additional objectives and system-specific
challenges [10], [11]. This flexibility can also be exploited to
reduce the DC-link voltage ripple, as demonstrated for two-level
converters in [12].

As for the NP potential balancing, this is typically achieved
by exploiting the switching-state redundancies inherent in five-
level converters. This can be done either by directly manipulating

© 2026 The Authors. This work is licensed under a Creative Commons Attribution 4.0 License. For more information, see
https://creativecommons.org/licenses/by/4.0/

https://orcid.org/0009-0003-7178-5642
https://orcid.org/0000-0002-6668-7701
https://orcid.org/0000-0002-3650-1785
mailto:ilari.hilden@tuni.fi
mailto:p.karamanakos@ieee.org
mailto:t.geyer@ieee.org
https://doi.org/10.1109/TPEL.2026.3671840


HILDEN et al.: GRADIENT-BASED PREDICTIVE PULSE PATTERN CONTROL OF FIVE-LEVEL MV DRIVES 13047

Fig. 1. MV drive with a 36-pulse diode rectifier, a five-level NPC H-bridge inverter, and an IM.

the switching states [13], [14], or through modulation schemes
utilizing phase-shifted carriers to manipulate the application
times of the redundant states [15], [16]. The former, however,
may lead to unbalanced utilization of the switching devices,
and thus to uneven distribution of the thermal stress among
them. The latter strategy, i.e., PWM-based approaches, is not
applicable to OPPs, as the application times are predetermined
during the offline optimization procedure. However, owing to
the precomputed nature of OPPs, the redundant switching states
can also be determined in advance [6], [17], [18]. For example,
in [6] it was shown that by properly selecting the redundant states
ensures equal utilization of the switching devices, while the NP
potential does not drift, but merely oscillates under balanced
load conditions.

Despite the benefits of OPPs and their potential to ad-
dress all challenges associated with the 5L-NPC H-bridge in-
verter drive system, manipulating them in a high-bandwidth
closed-loop setting remains challenging [19]. This is due to
the discontinuities in the switching angles with respect to the
modulation index and the absence of a fixed modulation cycle.
To address this issue, model predictive control (MPC) can be
employed owing to its design flexibility and its ability to directly
manipulate control actions, such as the switching angles in
the case of OPPs [20], [21]. In this regard, an MPC scheme
incorporating OPPs—named gradient-based predictive pulse
pattern control (GP3C)—was proposed in [22] as a current
controller for MV IM drives. Thanks to its simple yet versatile
prediction model, which relies on system output gradients, the
method was shown to achieve fast dynamic performance by
adjusting the switching time instants of the OPP in real time.
Nevertheless, this method—and its subsequent modifications for
different systems and objectives, e.g., higher-order systems [23]
or NP potential control in three-level NPC converters [24]—are
limited to a predefined set of switch positions, i.e., voltage
vectors dictated by the baseline pulse pattern. Consequently,
the dynamic performance and disturbance rejection capabil-
ity of the controller may be compromised, since the inher-
ently rigid structure of the offline-computed OPP can limit the
bandwidth and prevent full utilization of the available DC-link
voltage.

Considering the above, this article proposes a comprehensive
control and modulation strategy for the 5L-NPC H-bridge drive,

combining OPPs and MPC. Specifically, system-tailored OPPs
are developed to mitigate the pronounced DC-link voltage ripple
inherent to this inverter topology, while simultaneously ensuring
equal utilization of the switching devices and very low stator cur-
rent harmonic distortion. Similar to [22], a gradient-based MPC
scheme is employed to adjust the OPP switching time instants
in real time to achieve fast closed-loop performance. However,
the proposed MPC scheme manipulates the OPP switching
instants at the single-phase level—rather than at the three-phase
level as in [22]—thereby enabling the controller to exploit a
wider range of voltage vectors and improve the dynamic perfor-
mance of the drive. Throughout this article, the proposed control
method is referred to as GP3C with a single-phase formulation
(S-GP3C).

In conclusion, the contributions of this article are threefold as
follows:

1) Tailored OPPs for the 5L-NPC H-bridge drive that effec-
tively reduce the DC-link voltage ripple while achieving
very low stator current harmonic distortions.

2) An optimal NP potential balancing strategy that ensures
equal utilization of the switching devices and prevents NP
potential drift under all operating conditions.

3) A novel gradient-based MPC scheme that manipulates the
switching time instants of the baseline pulse pattern at the
single-phase level.

The favorable performance of the proposed OPPs in com-
bination with S-GP3C is demonstrated through real-time
hardware-in-the-loop (HIL) tests. These results confirm the
effectiveness of the proposed approach and its superiority
over conventional field-oriented control (FOC) with SVM, di-
rect torque control (DTC), as well as finite control set MPC
(FCS–MPC).

The rest of this article is organized as follows. Section II
presents the 5L-NPC H-bridge drive system and its mathematical
model. Section III reviews the basic principles of OPPs and in-
troduces the proposed OPP optimization problem, including the
optimal selection of the redundant switching states. The problem
formulation and detailed description of the proposed S-GP3C
scheme are provided in Section IV. Section V demonstrates
the benefits of the proposed approach through HIL tests and
comparisons with the aforementioned control methods. Finally,
Section VI concludes this article.
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II. MATHEMATICAL MODELING OF THE FIVE-LEVEL NPC
H-BRIDGE DRIVE

The modeling of the system is done partly in the stationary,
orthogonal (αβ) reference frame and partly in the three-phase
(abc) reference frame. The transformation from a three-phase
variable ξabc to the corresponding variable in the orthogonal
reference frame ξαβ is done with the Clarke transformation
matrixK with ξαβ =Kξabc, where

K =
2

3

[
1 − 1

2 − 1
2

0
√
3
2 −

√
3
2

]
. (1)

Throughout the article, the subscript abc denotes a variable
in the three-phase domain, while subscript αβ is omitted for
variables in the stationary, orthogonal reference frame.

A. Inverter Modeling

Consider the 5L-NPC H-bridge drive depicted in Fig. 1. Each
phase of the drive features a 12-pulse diode rectifier supplying a
DC link comprising two identical capacitors of reactance XDC.
The DC link, in turn, feeds two three-level NPC legs which
together build a five-level H-bridge cell. To form a three-phase
connection, the output of the left NPC leg of each phase is
connected to the inverter star point, while the output of the
right NPC leg is connected to the IM. In any phase x ∈ {a, b, c}
either of the NPC legs can be connected to the negative, the
neutral, or the positive potential of the DC link. Therefore,
each phase has nine possible single-phase switching states
sx = [S1 S2 S3 S4]

T , Si ∈ {0, 1}, i ∈ {1, 2, 3, 4}, with Si

being the switching state of the ith switch. Note thatS ′
i = 1− Si

is the complementary switching state of Si.
With the knowledge of the upper (lower) DC-link capaci-

tor voltage in phase x, vDC,up,x (vDC,lo,x), the output—i.e., the
stator—voltage of phase x can be expressed as

vs,x = (vDC,up,x[1 0 − 1 0] + vDC,lo,x[0 1 0 − 1])sx . (2)

However, it is worth noting that while nine unique single-phase
switching states exist, the 5L-NPC H-bridge topology can only
produce five distinct single-phase output voltage levels. These
correspond to specific single-phase switch positions, modeled
with the integer variable ux ∈ {0,±1,±2}. The relation be-
tween the switch positions and the switching states is shown in
Table I. As can be seen, switch positions ux = ±1 and ux = 0
have two and three redundant switching states—referred to as
single-phase redundancies—each, respectively, while the switch
positions ux = ±2 have unique mappings to the switching
states. An example of a such a single-phase redundancy for
switch position ux = 1 is shown in Fig. 2.

Of these single-phase redundancies, the redundant states for
switch position ux = 0 not only do not affect the output voltage,
but also leave the NP potential unchanged. Conversely, the
redundant states for switch positions ux = ±1 do affect the NP
potential vn,x in phase x given by

vn,x =
1

2
(vDC,up,x − vDC,lo,x) . (3)

TABLE I
SWITCHING STATES OF THE FIVE-LEVEL NPC H-BRIDGE INVERTER AND

CORRESPONDING VOLTAGE LEVELS AND SWITCH POSITIONS

(a)

(b)

Fig. 2. Example of single-phase redundancy where switch position ux = 1
is realized using (a) the upper capacitor vDC,up,x and (b) the lower capaci-
tor vDC,lo,x. The current path is highlighted in red assuming positive phase
current is,x.

Finally, the NP potential changes as a function of the single-
phase switching state sx and the stator current is,x as

dvn,x
dt

=
1

2XDC
oTsxis,x (4)

where o = [1 − 1 − 1 1]T .

B. IM Modeling

The IM is modeled in terms of the stator current is and the
rotor flux ψr. Its dynamics can be described in the αβ-frame
according to

dis
dt

= − 1

τs
is +

(
1

τr
I2 − ωr

[
0 −1

1 0

])
Xm

D
ψr +

Xr

D
vs

(5a)

dψr

dt
=

Xm

τr
is − 1

τr
ψr + ωr

[
0 −1

1 0

]
ψr (5b)
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where τs = XrD/(RsX
2
r +RrX

2
m) and τr = Xr/Rr are

the stator (transient) and rotor time constants, respectively.
Moreover, the stator and rotor self-reactances are Xs = Xls +
Xm and Xr = Xlr +Xm with Xls and Xlr being the stator
and rotor leakage reactances, respectively, andXm is the mutual
reactance. Further, Rs (Rr) is the stator (rotor) resistance. The
constant D is given by D = XsXr −X2

m and I2 is a 2-D
identity matrix. Finally, the rotor angular speed ωr is considered
to be a slowly varying parameter, and therefore, its dynamics
are not modeled.

C. State-Space Model of the Drive System

Given the differential equations for the IM in (5) and
the NP potential dynamics in (4), the system can be rep-
resented by a continuous-time state-space model. To this
aim, let the system input be the three-phase switching state
sabc = [sTa s

T
b s

T
c ]

T ∈ {0, 1}nu , with nu = 12. The state is
x = [iTs ψ

T
r v

T
n,abc]

T ∈ Rnx (nx = 7), comprising the stator
current is and rotor flux ψr in the αβ-frame, along with the
three-phase NP potentials vn,abc = [vn,a vn,b vn,c]

T ∈ R3. The
output is y = [iTs v

T
n,abc]

T ∈ Rny (ny = 5). Using (2), (4), and
(5), the system is described by

dx(t)
dt

= F (t)x(t) +Gsabc(t) (6a)

y(t) = Cx(t) (6b)

where F (t) ∈ Rnx×nx is the system matrix, and G ∈ Rnx×nu

andC ∈ Rny×nx are the input and output matrices, respectively,
provided in Appendix A.

III. OPPS WITH REDUCED DC-LINK VOLTAGE RIPPLE

This section summarizes the basics of quarter- and half-wave
symmetric (QaHWS) OPPs and half-wave symmetric (HWS)
OPPs. Following, the proposed OPPs capable of reducing the
DC-link voltage ripple are presented, along with the optimal
selection of the redundant switching states.

A. Conventional Quarter- and Half-Wave Symmetric OPPs

Assume a single-phase five-level switching signal u(θ), i.e.,
u ∈ {0,±1,±2}, with a periodicity of 2π. Such a signal can be
described by the Fourier series

u(θ) =
a0
2

+

∞∑
n=1

(an cos(nθ) + bn sin(nθ)) (7)

where an and bn are the Fourier coefficients of the nth harmonic.
By imposing QaHWS, i.e.,

u(π − θ) = u(θ) (8a)

u(θ) = −u(θ + π) (8b)

the switching signal u(θ) is fully defined by a set of d ∈
N+ switching angles αi, i ∈ {1, 2, . . . , d}, within the interval
[0, π/2], and the corresponding d+ 1 switch positions uj with
j ∈ {0, 1, 2, . . . , d}. Given the above, it can be shown (see,

e.g., [25]) that the Fourier coefficients an and bn are

an = 0, n = 0, 1, 2, . . . (9a)

bn =

{
4
nπ

∑d
i=1

Δui

2 cos(nαi), n = 1, 3, 5, . . .
0, n = 2, 4, 6, . . .

(9b)

where Δui ∈ {−1, 1}, i ∈ {1, 2, . . . , d}, is the ith switching
transition between two consecutive switch positions, i.e.,

Δui = ui − ui−1 . (10)

To increase the degrees of freedom of the OPPs, symme-
try properties can be relaxed. Specifically, by relaxing the
quarter-wave symmetry requirement (8a), the switching signal
u(θ) is described by the 2d ∈ N+ switching angles αi, i ∈
{1, 2, . . . , 2d}, within the interval [0, π], and the corresponding
2d+ 1 switch positions uj , j ∈ {0, 1, 2, . . . , 2d}. In this case,
the Fourier coefficients an and bn are

an =

{− 2
nπ

∑2d
i=1

Δui

2 sin(nαi), n = 1, 3, 5, . . .
0, n = 0, 2, 4, . . .

(11a)

bn =

{
2
nπ

∑2d
i=1

Δui

2 cos(nαi), n = 1, 3, 5, . . .
0, n = 2, 4, 6, . . . .

(11b)

Typically, OPPs are designed to minimize the harmonic dis-
tortions of the load current. Hence, the load current TDD

ITDD =
1√
2Inom

√∑
n�=1

î2n (12)

is employed as the performance index. In (12), Inom is the
nominal rms current and în is the amplitude of the nth harmonic
of the load current. Given that the inverter is connected to an IM
with a total leakage reactance Xσ ,1 the nth current harmonic is
given by

în =
v̂n

nω1Xσ
(13)

with ω1 being the fundamental angular frequency. For the 5L-
NPC H-bridge inverter the amplitude of the nth stator voltage
harmonic v̂n is v̂n = VDCûn, where VDC is the nominal DC-
link voltage and ûn is the amplitude of the nth switching signal
harmonic given by ûn =

√
a2n + b2n. Thus, by combining (12)

and (13) the current TDD becomes

ITDD =
VDC√

2Inomω1Xσ︸ ︷︷ ︸
c

√√√√∑
n�=1

(
ûn

n

)2

. (14)

Considering the minimization of the current TDD (14), the
term c is simply a system-dependent scaling factor, hence, it
can be disregarded. Accordingly, the objective function of the
conventional OPP optimization problem depends only on the
pulse-pattern-dependent part, i.e.,

J =
∑

n=5,7,11,...

(
ûn

n

)2

. (15)

1The stator resistance Rs is considered negligible and can thus be omitted.
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TABLE II
QAHWS AND HWS OPP OPTIMIZATION PROBLEMS

Note that even order harmonics (n = 2, 4, 6, . . .) are not consid-
ered in (15) as these do not exist due to the imposed symmetry
properties [see (9) and (11)]. In addition, assuming a balanced
load with a floating star point, the common-mode harmonics—
i.e., the harmonic orders which are integer multiples of three
(n = 3, 6, 9, . . .)—are also omitted since they do not drive har-
monic current.

With the above definitions the QaHWS and HWS OPP op-
timization problems can be formulated as shown in Table II.
Therein, αd = [α1 α2 . . . αd]

T (α2d = [α1 α2 . . . α2d]
T ) and

ud = [u0 u1 . . . ud]
T (u2d = [u0 u1 . . . u2d]

T ) are the first d
(2d) switching angles and the corresponding d+ 1 (2d+ 1)
switch positions, respectively. The constraint m = b1 ensures
that the fundamental component of the switching signal is equal
to the modulation index m ∈ [0, 4/π]. For the HWS OPPs, the
constraint a1 = 0 ensures that the phase of the fundamental
component is zero. The remaining two constraints ensure that
the switching signals are feasible, i.e., the switching angles are
in ascending order and the switch positions change by only one
level at a time.

Finally, note that once the single-phase OPP is computed—
assuming it corresponds to phase a, i.e., u ≡ ua—the patterns
for phases b and c can be obtained by appropriately shifting it.

B. Harmonic Analysis of the DC-Link Voltage Ripple

Consider again the 5L-NPC H-bridge drive in Fig. 1. Each
phase of the IM is supplied by an independent DC link, implying
that the power drawn by the load from the DC side is single-
phase. As a result, a dominant second harmonic component
appears in the DC-link voltage. Assuming a purely sinusoidal
stator current and that a QaHWS or HWS switching signal is
applied, the instantaneous power drawn from the DC link in a
single phase can be approximated as

pload(t) ≈ Iload sin(ω1t+ φ)

(
VDC

∑
n=1,3,5,...

(an cos(nθ)

+bn sin(nθ))

)
(18)

where Iload is the magnitude of the fundamental component of
the load current, and φ is the displacement angle, i.e., the angle
between the converter voltage and the load current. In (18), it
is assumed that the DC-link voltage is constant and equal to
its nominal value VDC. In practice, this assumption is violated
due to the significant second harmonic present in the DC-link

voltage. Therefore, for an accurate description of the instanta-
neous power, the harmonic content of the DC-link voltage and
the load current should be taken into account. However, as these
components are significantly smaller than the DC component
of the DC-link voltage and the fundamental component of the
load current, respectively, they have only a minor influence on
the resulting power expression. Moreover, the harmonic content
of the DC-link ripple and the load current is itself a function
of the to-be-computed switching signals. Hence, for the sake of
simplicity and to retain a tractable analytical formulation, these
components are disregarded in the following analysis.

Due to the natural commutation of the diode rectifier, the
instantaneous power supplied by the rectifier to the DC link
psupp(t) is difficult to model accurately. Nevertheless, given
psupp(t), the DC-link voltage can be described based on the
energy stored in the DC-link capacitors as

vDC(t) =

√√√√√√√√ 4

XDC

⎛⎜⎜⎜⎝
∫ t

0

psupp(τ) dτ︸ ︷︷ ︸
eDC,supp(t)

−
∫ t

0

pload(τ) dτ︸ ︷︷ ︸
eDC,load(t)

⎞⎟⎟⎟⎠ . (19)

The following analysis focuses only on the the capacitor
energy term in (19) related to the load side, i.e., eDC,load(t), as
the supply-side capacitor energy eDC,supp(t) is not a function of
the switching signal. Thus, with (18), eDC,load becomes

eDC,load(t) =
IloadVDC

ω1

(
1

2
tω1 cos(φ)− b1

4
sin(2ω1t+ φ)

+
∑

n=3,5,7,...

an
2(n− 1)

cos(−(n− 1)ω1t+ φ)

−
∑

n=3,5,7,...

an
2(n+ 1)

cos((n+ 1)ω1t+ φ)

−
∑

n=3,5,7,...

bn
2(n− 1)

sin(−(n− 1)ω1t+ φ)

−
∑

n=3,5,7,...

bn
2(n+ 1)

sin((n+ 1)ω1t+ φ)

)
.

(20)

As can be seen, a term increasing linearly with time and even-
order harmonic terms are generated to the DC link from the load
side. The linear term 1

2 t cos(φ) corresponds to the average power
flow from the DC link to the load and must be compensated
for by the rectifier to maintain the average DC-link voltage at
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its nominal value VDC. The even-order harmonics, which cause
instantaneous power oscillations, cannot be fully compensated
for by the first-quadrant diode rectifier and therefore appear as
ripple in the DC-link voltage.

Considering only these harmonic components in (20), they
can be expressed as the (scaled) Fourier series

ΔeDC,load(t) =
IloadVDC

2ω1

( ∑
n=1,3,5,...

an+1,DC cos ((n+ 1)ω1t)

+ bn+1,DC sin ((n+ 1)ω1t)

)
(21)

with the Fourier coefficients

an+1,DC=
−an cos(φ)−bn sin(φ)+an+2 cos(φ)−bn+2 sin(φ)

n+ 1

bn+1,DC=
an sin(φ)−bn cos(φ)+an+2 sin(φ)+bn+2 cos(φ)

n+ 1
.

With the above mathematical expressions, the DC-link volt-
age (19) becomes

vDC(t) =

{
1

XDC

(∫ t

0

psupp(τ) dτ − IloadVDC

ω1

1

2
t cos(φ)

−ΔeDC,load(t)

)} 1
2

. (22)

It is important to note that the effect of the supplied power
psupp(t) on the DC-link voltage vDC(t) is not explicitly known.
It can, however, be assumed that the rectifier is designed to
maintain the average DC-link voltage at its nominal value VDC.
In addition, the rectifier may interact with the harmonics origi-
nating from the load side, potentially amplifying or attenuating
them. Nevertheless, the harmonic components originating from
the load side in (22) are a function of the switching signal. Hence,
by appropriately manipulating it, the harmonic content of the
capacitor energy—and thus the DC-link voltage ripple—can be
influenced.

C. OPPs With Reduced DC-Link Voltage Ripple

To enhance drive performance, this work introduces OPPs
specifically designed to reduce the harmonic content of the
DC-link voltage. Although the interaction between supply and
load harmonics in (22) is not fully captured, the use of a 36-pulse
rectifier ensures that the supply side harmonics are negligible
compared to the dominant second harmonic generated by the
load. Consequently, the capacitor energy harmonics ΔeDC orig-
inate primarily from the load side, i.e.,

ΔeDC ≈ ΔeDC,load =

√ ∑
n=1,3,5,...

(Δên+1,DC,load)
2 . (23)

where the (scaled) amplitude of the (n+ 1)th harmonic is

Δên+1,DC,load =
√

a2n+1,DC + b2n+1,DC . (24)

Based on this, the proposed OPPs can focus exclusively
on minimizing these harmonics, thereby reducing the DC-link
voltage ripple. Accordingly, the associated objective function
that captures the (approximate) DC-link capacitor energy ripple
can be defined as

JDC =
∑

n=1,3,5,...

a2n+1,DC + b2n+1,DC . (25)

With this objective function, the proposed OPP optimization
problem can be formulated. To further suppress the DC-link volt-
age harmonics, HWS OPPs are chosen. By doing so, the phase
of the switching signal harmonics can be manipulated, leading
to an increased solution space. In addition, to maintain excellent
load current quality, the stator current TDD—represented by
the objective function (15)—is constrained by the following
inequality:2 ∑

n=5,7,11,...

a2n + b2n
n2

≤ ε J∗(m, d) . (26)

Here, J∗ is the optimal value of problem (17), and ε ≥ 1 is a
tuning parameter. Adjusting ε allows the designer to balance the
reduction of the DC-link voltage ripple against the stator current
TDD. Lower values of ε prioritize current quality at the expense
of higher DC-link voltage ripple, whereas larger values of ε have
the opposite effect. For example, setting ε = 1.2 permits a 20%
increase in the stator current TDD with respect to the theoretical
minimum achieved by conventional HWS OPPs, whereas ε = 1
leads to conventional HWS OPPs. This constraint thus provides
a flexible and intuitive means to fine-tune the trade-off between
the stator current TDD and DC-link voltage ripple.

In summary, the proposed OPP optimization problem that
achieves an optimal balance between low DC-link voltage ripple
and stator current TDD is formulated as

minimize
α2d,u2d

∑
n=1,3,5,...

a2n+1,DC + b2n+1,DC

subject to
∑

n=5,7,11,...

a2n + b2n
n2

< εJ∗(m, d)

a1 = 0 , b1 = m
0 < α1 < α2 < · · · < α2d < π
ui ∈ {0, 1, 2} , |ui − ui−1| = 1
∀i ∈ {1, . . . , 2d} .

(27)

D. Optimal Selection of Redundant Switching States

As a result of the OPP optimization procedure, the optimal
switching angles α2d and the corresponding switch positions
u2d are obtained. However, as explained in Section II, for
a 5L-NPC H-bridge inverter, switch positions ux = ±1 can
be realized by two different switching states. Specifically, by
inspecting Table I and the dynamics of the NP potential (4), it

2In the objective function (15), the DC-link voltage is assumed to be stiff,
which does not hold in practice for the considered system. The same assumption
is adopted in the formulation of the constraint (26). However, since the dominant
second harmonic in the DC-link voltage does not significantly degrade the stator
current quality [26], neglecting the DC-link voltage ripple in both formulations
constitutes a valid approximation and does not compromise the results of the
OPP optimization.
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Fig. 3. Example of pattern interchange. The switch position u of the inverter
(shown in blue) is synthesized as the difference between the switch position of
the rightur and leftul NPC legs, i.e., u = ur − ul. To achieve equal utilization
of the switching devices, the two three-level pulse patterns (red and green) are
interchanged between the two legs every fundamental period.

can be inferred that these single-phase redundancies have the
opposite effect on the NP potential. Therefore, with appropriate
selection of these redundancies, the NP potential can be mod-
ified. In contrast, the redundancies for switch position ux = 0
do not affect the NP potential and are thus not considered in the
following.

For the best possible performance of the drive, the NP poten-
tial should be maintained close to zero. However, when selecting
the single-phase redundancies additional factors must be consid-
ered. Specifically, the utilization of the switching devices should
be balanced to ensure even thermal stress. For this reason, the
concept of pattern interchange [18] is adopted. In this approach,
the single-phase redundancies are alternated every fundamental
period, meaning that the three-phase switching patterns of the
two NPC legs are interchanged every fundamental period. This
approach ensures that the thermal loading of the switching
devices is evenly distributed over two fundamental periods while
the load current quality remains largely unaffected [6], [26]. An
illustrative example of pattern interchange is shown in Fig. 3.

Thanks to pattern interchange, the NP potential does not drift
but only oscillates at half the fundamental frequency. However,
the to-be-used single-phase redundancies within a single fun-
damental period must be decided. To address this, this paper
proposes a selection strategy that aims at minimizing the NP
potential energy over the fundamental period.

To this end, assume that the load current is sinusoidal with
amplitude Iload. By considering phase a as an example, integrat-
ing (4) then gives the phase-a NP potential as3

vn,a(θ) =
Iload

2XDC

∫ θ

0

oTsa(θ) sin(θ + φ)dθ . (28)

Here, the switching state signal sa(θ) is a piecewise-constant
function that is defined by the switching angles αi, i ∈
{1, 2, . . . , 2d}, and the corresponding switching states sa,i asso-
ciated with the 2d OPP switch positions ui. Moreover, the initial
switching state is sa,0 = [0 1 0 1]T , since u0 = 0 by design of
the OPP.

As discussed in Section II, switch positions ux = ±1 can
be realized through switching states sx that either increase or
decrease the NP potential.4 To capture this behavior mathemat-
ically, the variable g ∈ {−1, 0, 1} is introduced, where g = 1

3An analogous analysis applies to phases b and c.
4Note that for switch positions ux ∈ {0,±2}, oT sx = 0 holds.

(g = −1) indicates that the applied switching state increases
(decreases) the NP potential, while g = 0 represents a switching
state with no influence on it. With these definitions, the NP
potential in phase a can be expressed over one fundamental
period as

vn,a(α�) =
Is

2XDC

�∑
i=1

gi−1

∫ αi

αi−1

sin(θ + φ)dθ (29)

where α0 = 0. Subsequently, by evaluating the integrals, (29)
becomes

vn,a(α�) =
Is

2XDC

(
�∑

i=1

gi−1(cos(αi−1 + φ)

− cos(αi + φ)) + ck

)
(30)

where ck ∈ R is the integration constant.
Since the objective is to exploit the switching-state redundan-

cies to minimize the NP potential energy over one fundamental
period, an offline optimization problem is formulated. To this
end, its objective function represents the (approximate) NP
potential energy in phase x, i.e.,

Jvn
=

2d∑
i=1

vn,x(αi)
2 . (31)

Here, only the 2d switching angles that correspond to switch
positionsux ∈ {−1, 1} are considered, as these are the only ones
that affect the NP potential, i.e., gx = ±1. With some algebraic
manipulations, which are provided in Appendix B, the objective
function can be written in a compact vector form

Jvn
= gTP (φ)g (32)

where the vector g = {1,−1}2d collects the 2d single-phase
redundancies over one fundamental period, and the matrix
P (φ) ∈ R2d×2d is upper diagonal, with nonzero entries that
depend on the displacement angle φ and the switching angles
α2d (see Appendix B).

The dependence of the matrixP (φ)on the displacement angle
φ implies that an optimal redundant sequence must be computed
for every triplet {m, d, φ}. To avoid this, the entries of matrixP
are averaged over a range of displacement angles φ ∈ [0, π/2].
With the averaging, the objective function becomes

Jvn,avg =
1

N

N∑
j=1

gTP (φj)g = gTP avg g (33)

with P avg = (P (φ1) + P (φ2) + . . .+ P (φN ))/N , and N ∈
N+ being the number of discrete samples of φ.

With the above, the optimization problem that results in the
optimal redundant switching states g∗ is formulated as

minimize
g

gTP avg g

subject to g ∈ {−1, 1}2d . (34)

Problem (34) is solved for each {m, d} pair, in the same manner
as the OPP optimization problem, and the resulting solutions are
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stored in a LUT. Once the optimal redundant switching states
g∗ are determined—defining the switching function s(θ) for a
given OPP—the corresponding optimal NP potential references
can be calculated from (28) and also stored in a LUT for use by
the controller developed in the sequel.

IV. GRADIENT-BASED PREDICTIVE PULSE PATTERN CONTROL

WITH SINGLE-PHASE FORMULATION

Consider a three-phase power electronic system—such as the
5L-NPC H-bridge drive of Fig. 1—described by the continuous-
time state-space representation (6). Assume a known baseline
switching state signal, e.g., an OPP as described in Section III.
Let Tp = TsNp denote the prediction horizon, with Ts being
the sampling interval and Np ∈ N+ the number of prediction
steps. In an arbitrary phase x ∈ {a, b, c}, zx ∈ N+ switching
time instants of the OPP fall within the prediction horizon. These
reference switching time instants are gathered in the vector

tx,ref =
[
tx1,ref tx2,ref . . . txzx,ref

]T
∈ Rzx . (35)

In conjunction with the reference switching time instants, the
corresponding single-phase OPP switching states are collected
in the vector

s
Tp
x =

[
sx(tx0,ref)

T sx(tx1,ref)
T . . . sx(txzx,ref)

T
]T

∈ {0, 1}nu(zx+1) (36)

with sx(tx0,ref) being the currently applied switching state.
The control objective of the proposed S-GP3C algorithm is

to regulate the output variables y along their optimal output
reference trajectories yref, generated based on the baseline OPP
(see [22]), over the prediction horizon Tp. This is achieved by
modifying the switching time instants txi,ref, i ∈ {1, 2, . . . , zx},
of each phase in real time such that the output error is minimized.
This control objective is captured by the objective function

J =
1

Tp

∫ Tp

0

‖yref(t)− y(t)‖2Q (37)

whereQ ∈ Rny×ny is a positive definite weighting matrix, with
diagonal elements that set the relative importance of each output
reference tracking.

A. Control Method

Let zp ∈ N+ be the number of additional time instants tpj,ref,
j = 1, 2, . . . , zp, within the prediction horizon Tp. These time
instants, referred to as “pivotal” time instants, appear in the
switching pattern of all three phases, but do not correspond to
any switching action; the switching state remains unchanged
at these time instants, i.e., sabc(tpj,ref)

− = sabc(tpj,ref)
+. The

sole purpose of these instants is to enable the prediction of the
output variables within the horizon Tp. Hence, both the number
zp and their locations within the horizon are design parameters of
the S-GP3C algorithm. They are chosen as a tradeoff between
the output reference tracking accuracy and the computational
burden of the algorithm, i.e., a higher zp improves the reference
tracking accuracy but also increases the computational cost.

Fig. 4. Example of a two-level single-phase pattern with three reference
switching time instants tx1,ref, tx2,ref, and tx3,ref and two pivotal time instants
tp1,ref and tp2,ref.

In a single phase x, the vector of all to-be-considered time
instants is obtained by merging the reference switching time
instants txi,ref and the pivotal time instants tpj,ref in chronological
order, yielding the vector t̃x,ref ∈ Rz̃x , where z̃x = zx + zp. In
addition, the vector of the corresponding switching states is
updated accordingly to s̃Tp

x ∈ Zz̃x+1. To elucidate this concept,
the following example is provided.

Example 1: For simplicity, consider a two-level single-phase
switching state sx ∈ {0, 1}. Fig. 4 illustrates an example of a
single-phase switching pattern. Within the prediction horizon
Tp, there are three nominal switching time instants in phase x,
namely tx1,ref, tx2,ref, and tx3,ref, i.e., zx = 3. In addition, two
pivotal time instants, tp1,ref and tp2,ref, are present, i.e., zp = 2.
Consequently, the vectors of time instants and corresponding
switching states are, respectively, defined as

t̃x,ref =
[
t̃x1,ref t̃x2,ref t̃x3,ref t̃x4,ref t̃x5,ref

]T
=
[
tx1,ref tx2,ref tp1,ref tx3,ref tp2,ref

]T
and

s̃
Tp
x =

[
0 1 0 0 1 1

]T
.

Each consecutive pair of the time instants t̃xi,ref,
i ∈ {1, 2,. . . , z̃x}, divides the prediction horizon into subin-
tervals Δt̃x�,ref = t̃x�+1,ref − t̃x�,ref, with 
 ∈ {0, 1, . . . , z̃x},
where t̃x0,ref is the beginning of the prediction horizon. For
example, six subintervals are identified in Fig. 4, i.e.,

[t0, tx1,ref), [tx1,ref, tx2,ref), [tx2,ref, tp1,ref),

[tp1,ref, tx3,ref), [tx3,ref, tp2,ref), [tp2,ref, Tp) .

To enable accurate predictions within each of these subintervals,
the continuous-time system model (6) is discretized using the
time intervals Δt̃x�,ref, resulting in the discrete-time state-space
model

x(t̃x�+1,ref) = Ax(t̃x�,ref) +Bsabc(t̃x�,ref) (38a)

y(t̃x�,ref) = Cx(t̃x�,ref) (38b)

whereA andB are the discrete-time system and input matrices,
respectively, obtained via forward Euler discretization.

To increase the degrees of freedom of the algorithm presented
in [22], the proposed S-GP3C analyzes each phase of the sys-
tem individually. To this end, the contribution of the phase-x
switching state to the dynamics of the system is isolated by
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assuming that the two other phases are inactive. This is achieved
by introducing the “pseudo” three-phase switching state vectors
sxabc. By doing so, the three phases become partially decoupled,
which simplifies the analysis by allowing the unique contribution
of each phase to be considered independently from the combined
three-phase behavior. The pseudo three-phase switching states
are defined as

saabc =

⎡⎢⎣sa04

04

⎤⎥⎦ , sbabc =

⎡⎢⎣04

sb

04

⎤⎥⎦ , scabc =

⎡⎢⎣04

04

sc

⎤⎥⎦ (39)

such thatsabc = saabc + s
b
abc + s

c
abc. With the help of the pseudo

three-phase switching states, the effect of sx on the system at
time instants t̃x�,ref can be predicted by iterating the discrete-time
model (38), i.e.,

xx(t̃x�+1,ref) = Ax
x(t̃x�,ref) +Bs

x
abc(t̃x�,ref) (40a)

yx(t̃x�,ref) = C(t̃x�,ref) . (40b)

For the initial statexx(t̃x0,ref), any state variable in theαβ-frame
is first transformed to the abc-frame with the help of the inverse
Clarke transformation matrix, thereby obtaining the three-phase
“pseudostate”xx

abc. The complete three-phase state then satisfies

xabc = x
a
abc + x

b
abc + x

c
abc . (41)

Subsequently, xx(t̃x0,ref) is reconstructed by applying the
Clarke transformation matrix to map the relevant variables back
to the orthogonal (αβ) reference frame. In the case of the
5L-NPC H-bridge drive, this means that the stator current is and
the rotor flux linkage ψr are expressed in the αβ-frame, while
the NP potential voltage vn,abc is in the abc-frame, see (6).

The knowledge of the contribution of the phase-x switch-
ing state to the output at the time instants t̃x�,ref, i.e.,
yx(t̃x0,ref),y

x(t̃x1,ref), . . . ,y
x(t̃xz̃x+1,ref), enables the evolu-

tion of the output within the intervals Δt̃x�,ref to be described by
gradients

mx(t̃x�,ref) =
yx(t̃x�+1,ref)− yx(t̃x�,ref)

Δt̃x�,ref
. (42)

To better illustrate this concept, consider the following example.
Example 2: Fig. 5(a) depicts a two-level switching pattern

within the prediction horizon Tp. In this example, one nominal
switching time instant exists in phases a and b, ta1,ref and
tb1,ref, respectively, while phase c has no switching actions. In
addition, a single pivotal time instant tp1,ref is present in all three
phases. These time instants divide the prediction horizon into
three subintervals in phases a and b, while the single pivotal
time instant divides phase c into two subintervals. Within each
subinterval, the contribution of the phase-x switching state to
the output yx is assumed to evolve linearly. Importantly, at the
pivotal time instant tp1,ref, the gradients do not change as no
switching action occurs. For clarity, only the α-component of a
single output variable y1α is visualized.

Taking phase a as an example, to compute the gradient-
based evolution, consider the interval [ta0,ref, ta1,ref). First,
the continuous-time state-space model (6) is discretized over
this time interval Δt̃a0,ref = ta1,ref − ta0,ref. With the initial

state xa(ta0,ref) and the pseudo three-phase switching state
saabc(ta0,ref), the discrete-time state-space model (40) is iterated
once yieldingxa(ta1,ref). Subsequently, the gradientma(ta0,ref)
is computed with (42). The same procedure is then repeated for
the remaining intervals, and phases b and c.

The gradients mx(t̃x�,ref) facilitate the prediction of the out-
put at the (to-be-computed) modified time instants

tx =
[
tx1 tx2 . . . txzx

]T
∈ Rzx (43a)

tp =
[
tp1 tp2 . . . tpzp

]T
∈ Rzp (43b)

where tx and tp are the vectors of modified switching and pivotal
time instants, respectively. Note that the pivotal time instants
are also manipulated to increase the degrees of freedom of the
controller. The modified switching and pivotal time instants are
gathered in the vector t̃x as explained in Example 1. To explain
the gradient-based prediction of the output evolution, Example 2
is continued as follows.

Example 3: Recall the example in Fig. 5(a). As discussed
in Example 2, three gradients are computed in phases a and b,
namely, ma(t̃a0,ref) ≡ma(ta0,ref), ma(t̃a1,ref) ≡ma(ta1,ref),
and ma(t̃a2,ref) ≡ma(tp1,ref) in phase a, while mb(t̃b0,ref) ≡
mb(tb0,ref), mb(t̃b1,ref) ≡mb(tb1,ref), and mb(t̃b2,ref) ≡
mb(tp1,ref) are the gradients in phase b. Moreover, there are
two gradients in phase c, i.e., mc(t̃c0,ref) ≡mc(tc0,ref) and
mc(t̃c1,ref) ≡mc(tp1,ref).

Using these gradients, the contribution of each phase to the
output at the (to-be-computed) pivotal time instant tp1, i.e.,
ya(tp1), yb(tp1), yc(tp1), can be computed as

ya(tp1)=y
a(ta0,ref)+m

a(ta0,ref)ta1+m
a(ta1,ref)(tp1 − ta1)

yb(tp1) = y
b(tb0,ref) +m

b(tb0,ref)tb1 +m
b(tb1,ref)(tp1 − tb1)

yc(tp1) = y
c(tc0,ref) +m

c(tc0,ref)tp1 .

Subsequently, the total output at the pivotal time instant y(tp1)
is obtained by summing the contributions of all three phases.
Setting ta0,ref ≡ tb0,ref ≡ tc0,ref ≡ t0 = 0 yields the closed-form
expression

y(tp1) = y
a(tp1) + y

b(tp1) + y
c(tp1)

= y(t0) + (ma(ta0,ref)−ma(ta1,ref)) ta1+

+
(
mb(tb0,ref)−mb(tb1,ref)

)
tb1+

+
(
ma(ta1,ref) +m

b(tb1,ref) +m
c(tc0,ref)

)
tp1.

(45)

To utilize the gradient-based predictions at the discrete piv-
otal time instants tpj , the continuous objective function (37) is
approximated as

J =

zp∑
j=1

‖yref(tpj,ref)− y(tpj)‖2Q + λt‖Δt‖22 . (46)

While this approximation is somewhat coarse, [22] demon-
strated that it is sufficiently accurate so as not to compromise
reference tracking performance. The second term in (46) is
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(a) (b)

Fig. 5. Example of a gradient-based evolution for a two-level pattern within the prediction horizon Tp, featuring two reference switching time instants, ta1,ref
and tb1,ref, and a single pivotal switching time instant tp1. The top three figures show the three-phase pattern, while the figures 4–6 from top visualize the evolution
of the α-component of a single output variable based on the single-phase contributions of each phase. The bottom figure shows the total gradient-based evolution.
(a) Nominal evolution where the switching time instants are not manipulated. (b) Optimal evolution where the switching time instants are manipulated based on
the gradient information. The green lines depict the evolution with the optimally modified switching time instants, while the dash-dotted magenta lines depict the
evolution based on the nominal switching time instants. The black horizontal line shows the output reference y1α,ref at the pivotal time instant tp1. The yellow
highlighted areas show the modifications to the nominal switching time instants.

added to penalize modifications to the nominal time instants,
thereby adjusting the control effort. Specifically, Δt = tref − t
collects all the modifications to the switching and pivotal time
instants across the three phases, i.e.,

t =
[
tTa tTb tTc tTp

]T
∈ Rza+zb+zc+zp (47a)

tref =
[
tTa,ref tTb,ref tTc,ref tTp,ref

]T
∈ Rza+zb+zc+zp . (47b)

Finally, the weighting factor λt ∈ R+ sets the trade-off between
reference tracking accuracy and the magnitude of the control
modifications.

Function (46) can be written in the compact vector form

J = ‖r −Mt‖2
Q̃
+ λt‖Δt‖22 (48)

where vector r depends on the reference values and the mea-
surements of the output, matrix M consists of the gradients
mx with which the output variables evolve within Tp, and
Q̃ = diag(Q, . . . ,Q) ∈ Rnyzp×nyzp is a block diagonal weight-
ing matrix. The definitions of M and r are provided in
Appendix C.

B. S-GP3C Algorithm

This section provides a step-by-step description of the pro-
posed S-GP3C algorithm for the 5L-NPC H-bridge drive system.
An illustrative example is shown in Fig. 5, while the block
diagram of the algorithm is shown in Fig. 6.

Step 1: Based on the rotor flux angle ∠ψr and the load angle
γ (see [22]), the nominal single-phase switching time instants
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Fig. 6. Block diagram of the proposed S-GP3C algorithm.

tx,ref and the corresponding single-phase switching states sTp
x of

the OPP that fall within the prediction horizon Tp are retrieved
from a LUT for each phase. In addition, the pivotal time instants
tpj,ref are inserted within Tp. Therefore, the vector of all time

instants t̃x,ref and the corresponding switching states s̃Tp
x are

constructed. In this step, the optimal output reference trajectory
yref over the prediction horizon Tp is also generated.5

Step 2: In the second step, the gradient matrix M is com-
puted. To this end, using the z̃x time instants t̃x�,ref, 
 ∈
{1, 2, . . . , z̃x} and the corresponding z̃x + 1 switching states
sxκ, κ ∈ {0, 1, . . . , z̃x}, the gradients mx are computed for
each phase according to (42). After computing the gradients
for all three phases, the gradient matrix M is constructed (see
Appendix C). In addition, the vector r is constructed based on
the output reference yref and the current output measurement
y(t0).

Step 3: Next, the optimization problem underlying the S-
GP3C algorithm is formulated and solved. Specifically, the
objective function (48) is minimized by solving the following
optimization problem, designed as a quadratic program (QP)

minimize
t

‖r −Mt‖2
Q̃
+ λt‖Δt‖22

subject to t0 ≤ t̃a1 ≤ t̃a2 ≤ . . . ≤ t̃az̃a ≤ t0 + Tp

t0 ≤ t̃b1 ≤ t̃b2 ≤ . . . ≤ t̃bz̃b ≤ t0 + Tp

t0 ≤ t̃c1 ≤ t̃c2 ≤ . . . ≤ t̃cz̃c ≤ t0 + Tp .

(49)

In the QP (49), the constraints ensure that the to-be-computed
switching and pivotal time instants remain within the prediction
horizon Tp and that their chronological order is preserved within
each phase. It is important to note that, in contrast to [22],
the switching time instants are independent across the three
phases over each interval [tpj , tpj+1). This independence allows
the controller to introduce three-phase switching states, i.e.,
output voltage vectors, that do not exist in the baseline OPP
locally. As a result, the dynamic performance of the controller is
significantly improved while excellent steady-state performance
is maintained.

The QP (49) can be solved effectively using a standard QP
solver. Solving (49) yields the vector of optimally modified time
instants, i.e.,

t∗ =
[
t∗

T

a t∗
T

b t∗
T

c t∗
T

p

]T
(50)

5For more information on the generation of the optimal output reference, the
reader is referred to [22].

TABLE III
RATED VALUES OF THE IM

TABLE IV
SYSTEM PARAMETER VALUES IN THE P.U. SYSTEM

Fig. 7. Block diagram of the HIL setup.

where the t∗x and t∗p are the vectors of the optimally modified
phase-x switching and pivotal time instant, respectively.

Step 4: Last, the optimally modified switching time instants
t∗ are implemented. Specifically, those time instants that occur
within the first sampling interval Ts of the prediction horizon
Tp—i.e., within [kTs, (k + 1)Ts)—are implemented along with
the corresponding OPP switching states. In accordance with the
receding horizon principle of MPC, the prediction window is
then advanced by one sampling interval Ts, and the control
algorithm is reinitialized from Step 1. This procedure ensures
continuous operation, introduces real-time feedback, and en-
hances the robustness of S-GP3C.

V. PERFORMANCE EVALUATION

In this section, the real-time performance of the proposed con-
trol scheme is evaluated in a HIL environment using the 5L-NPC
H-bridge drive system shown in Fig. 1. The control algorithm
is implemented on a dSPACE SCALEXIO platform, while the
power electronic system is emulated in real time with a PLECS
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(a) (b) (c) (d)

Fig. 8. Steady-state performance of (a) the proposed control scheme (S-GP3C), (b) FOC with SVM, (c) DTC, and (d) FCS-MPC at nominal operating conditions.

RT-Box. This HIL setup enables testing the controller under
realistic dynamic conditions and timing constraints, providing
insights into its practical performance.

A. HIL System Implementation

For the real-time emulation of the system, four PLECS RT-
Box 1—each utilizing a Xilinx Z-7030 system-on-chip pro-
cessing unit—real-time simulation modules are used. The main
module emulates the inverter stage of the system, consisting of
the 5L-NPC H-bridge inverter and the IM. The rated values of

the IM are presented in Table III, while the system parameter
values in the per unit (p.u.) system are given in Table IV.6 The
remaining three secondary modules are used to simulate the three
12-pulse diode rectifiers, the input transformer, and the grid.
The communication and time synchronization of the modules
is implemented with high-speed small form-factor pluggable

6In this paper, the parameters of the prediction model are assumed to be
accurate. The impact of parameter uncertainties on gradient-based predictive
control schemes with OPPs has been analyzed in detail in [27], where good
robustness with respect to IM parameter variations is demonstrated.
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Fig. 9. Comparison of the proposed OPPs (27), conventional QaHWS
OPPs (16), and conventional HWS OPPs (17) in terms of DC-link voltage ripple
ΔvDC and stator current TDD ITDD. The dashed line represents a fitted curve to
the proposed OPPs. Nominal operating conditions are assumed with m = 1.05.
The tuning parameter ε is varied for the proposed OPPs in the range ε ∈ [1, 30].

(SFP) connections. The sampling interval of the power elec-
tronic system is set to Ts,HIL = 7μs.

The proposed control algorithm is implemented on a dSPACE
SCALEXIO platform, which features an Intel XEON E3-
1275v6 processor with a 3.8GHz clock speed, and a XILINX
Kintex UltraScale field programmable gate array (FPGA). The
control algorithm runs entirely on the processor, while the FPGA
is used for the generation of the gating signals and the data
acquisition (DAQ). The controller sampling interval is set to
Ts = 56μs. The FPGA runs at a faster clock speed of 125MHz,
which allows for a precise timing of the gating signals in between
the controller sampling intervals. A block diagram of the HIL
setup is shown in Fig. 7.

B. Real-Time HIL Tests and Discussion

For the real-time testing of the proposed controller, an OPP
with a pulse number d = 5 is used. Considering operation at
nominal speed, this results in an average device switching fre-
quency of fsw = 125Hz, while the corresponding modulation
index is m = 1.05. Moreover, a ten-step (Np = 10) horizon is
implemented, resulting in a prediction window of Tp = 560μs.
The weighting matrix in the objective function (46) is chosen as
Q = diag(1, 1, 10, 10, 10), while the controller effort weighting
factor is set to λu = 105. Two pivotal time instants are inserted
within the horizon, i.e., zp = 2. Finally, the fundamental current
reference is generated by an outer control loop designed in the
FOC framework, see [22].

To clearly highlight the performance benefits of the proposed
S-GP3C, the results are compared with FOC with SVM, DTC,
and FCS-MPC with one-step prediction horizon [28]. For a fair
comparison, all aforementioned control strategies are operated at
the same average device switching frequency of fsw = 125Hz.
For FOC, DTC, and FCS-MPC, the NP potential balancing
mechanism proposed in [13] is implemented on the FPGA.
The proportional–integral (PI) controllers of FOC are tuned
to achieve the fastest possible dynamic performance without
excessive oscillations. For DTC, nine torque hysteresis bands
symmetric around zero are employed, while three hysteresis
bands are used for the stator flux controller. The vast majority

of literature on DTC focuses on the two-level voltage source in-
verter [29], [30], and the implementation of DTC for a multilevel
converter is not straightforward. Nevertheless, the design choice
on the hysteresis controllers is inline with methods proposed for
five-level topologies [31]. The widths of the hysteresis bands are
tuned to achieve a comparable switching frequency to the other
methods. Finally, the objective function of FCS-MPC is chosen
as

JFCS = ‖is(k + 1)− is,ref(k + 1)‖22
+ λFCS ‖uabc(k)− uabc(k − 1)‖22 (51)

where uabc ∈ {±2,±1, 0}3 is the three-phase switch position.
The weighting factor λFCS > 0 is chosen such that an average
device switching frequency of fsw = 125Hz is achieved. Fi-
nally, DTC and FCS-MPC are executed at sampling intervals of
Ts = 25μs and Ts = 56μs, respectively, to achieve the highest
possible granularity of switching actions.

1) Steady-State Performance: The steady-state performance
of the S-GP3C scheme is studied under nominal operating con-
ditions, i.e., at rated speed and torque. The drive in question
is primarily intended for quadratic-load applications such as
pumps, fans, and compressors. In these applications, steady-state
operation typically occurs at or close to nominal speed. For
this reason, nominal operating conditions are assumed for the
steady-state performance evaluation. Moreover, the DC-link
capacitor energy ripple decreases with decreasing speed for
quadratic loads [see (21)] making the considered operating point
the most challenging from a DC-link voltage ripple perspective.

As can be seen in Fig. 8(a), the proposed method exhibits
excellent steady-state behavior. By manipulating the switching
time instants of the OPP in real time at the single-phase level,
the controller effectively compensates for the large disturbances
in the DC-link voltages. As a result, the stator current closely
follows its optimal reference trajectory, with only small devi-
ations. This leads to a very low stator current TDD of 2.94%.
Moreover, due the symmetry properties of the baseline OPP (see
Section III), which are largely preserved by the controller, the
harmonic power is concentrated on the nontriplen odd harmon-
ics.

In comparison, FOC, DTC, and FCS-MPC, shown in
Fig. 8(b), (c) and (d), respectively, exhibit significantly larger
steady-state current distortions, with a stator current TDD of
4.79%, 5.49%, and 8.24%, respectively. An examination of the
harmonic spectra of the benchmark methods reveals that FOC
and DTC produce pronounced low-order harmonic distortions,
while FCS-MPC generates spread harmonic spectra with a sig-
nificant number of interharmonics. However, as per desing, DTC
maintains the torque within the hysteresis bounds, resulting in
the lowest peak-to-peak torque ripple.

The effectiveness of the proposed tailored OPPs is further
demonstrated by analyzing the NP potential voltage vn,abc and
the DC-link voltage vDC,abc in Fig. 8(a). The DC-link volt-
age peak-to-peak ripple is only 0.16 p.u. (860V) compared to
0.19 p.u. [1040V; see Fig. 8(b)],0.23 p.u. [1255V; see Fig. 8(c)],
and 0.20 p.u. [1070V; see Fig. 8(d)] obtained with FOC, DTC,
and FCS-MPC, respectively. This represents at least a 17%
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(a) (b) (c) (d)

Fig. 10. Performance during a torque step down of (a) the proposed control scheme (S-GP3C), (b) FOC with SVM, (c) DTC, and (d) FCS-MPC.

reduction in voltage ripple, indicating lower voltage stress on
the semiconductor devices with the proposed method.

To quantify the tradeoff between the DC-link voltage peak-
to-peak ripple ΔvDC and the stator current TDD ITDD achieved
by the proposed OPPs (27), a comparison with conventional
QaHWS [see (16)] and HWS [see (17)] OPPs is shown in
Fig. 9. Therein, nominal operating conditions are assumed with
a modulation index of m = 1.05. The tuning parameter ε is
varied for the proposed OPPs in the range ε ∈ [1, 30]. As can be
seen, the proposed OPPs achieve a favorable tradeoff between
DC-link voltage ripple ΔvDC and the stator current TDD. When
compared to conventional QaHWS OPPs, the proposed OPPs
achieve up to 20% reduction in the DC-link voltage ripple
without increasing the current TDD. As for conventional HWS
OPPs, the proposed OPPs reduce the DC-link voltage ripple
at the cost of slightly higher stator current TDD, allowing the
designer to choose the desired tradeoff by adjusting the tuning
parameter ε.

Regarding the NP potential balancing, S-GP3C maintains the
NP potential very close to zero throughout the fundamental

period by optimally choosing the to-be-used single-phase re-
dundancies, as explained is Section III. During operation, the
controller modifies the switching time instants to keep the NP po-
tential close to its optimal reference, effectively avoiding any NP
potential drift. This is achieved despite the prioritization of the
stator current over the NP potential in the S-GP3C problem (49),
and the presence of large DC-link voltage disturbances. In con-
trast, the NP potential balancing method in [13] used for FOC,
DTC, and FCS-MPC leads to significantly larger deviations from
the zero potential. Moreover, with such NP potential balancing
methods, discrepancies between the switching frequencies of
individual semiconductor devices may occur, whereas in the
proposed method all devices are guaranteed to operate at the
same switching frequency, thanks to the pattern interchange.
Consequently, the proposed optimal control and modulation
method avoids excessive thermal stress and ensures uniform
device utilization.

2) Transient Performance: The transient performance of
S-GP3C, as well as FOC, DTC, and FCS-MPC, is investi-
gated during torque reference steps. While operating at nominal
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(a) (b) (c) (d)

Fig. 11. Performance during a torque step up of (a) the proposed control scheme (S-GP3C), (b) FOC with SVM, (c) DTC, and (d) FCS-MPC.

speed, the electromagnetic torque reference Te,ref is stepped
down from Te,ref = 1 p.u. to Te,ref = 0.2 p.u. at t = 10ms (see
Fig. 10) and, in a separate test, stepped up from Te,ref = 0.2 p.u.
to Te,ref = 1 p.u. at t = 10ms (see Fig. 11). As can be seen
Figs. 10(a) and 11(a), the proposed method quickly regulates
the stator currents—and therefore, the torque—along their de-
manded values by employing three-phase pulse insertion [32],
and by significantly modifying the OPP in real time.7 By doing
so, S-GP3C achieves settling times comparable to DTC [see
Figs. 10(c) and 11(c)] and FCS-MPC [see Figs. 10(d) and 11(d)]
both of which, as a direct control methods, are known to be very
aggressive during transients.

7It is worth noting that during large step-down torque reference changes,
the fast response of S-GP3C quickly reduces the stator current, causing the
excess energy to be temporarily stored in the DC-link capacitors. This leads to
an increase in the DC-link voltage, which may trigger an overvoltage trip if it
exceeds the voltage trip level of the drive. If such a situation is of concern, ramped
torque references—rather than step changes—can be applied to intentionally
slow down the transient.

TABLE V
TURNAROUND TIME (IN μS) OF THE PROPOSED CONTROL ALGORITHM

In contrast, FOC [see Figs. 10(b) and 11(b)] cannot fully
exploit the available voltage margin due to its inability to reverse
the polarity of the applied switch positions, unlike S-GP3C,
DTC, and FCS-MPC. Consequently, the PI controllers must be
tuned relatively conservatively to avoid large torque oscillations,
resulting in slower transient responses.

C. Computational Burden

To assess the real-time implementability of the S-GP3C al-
gorithm, several timings were measured during the HIL tests.
The results are summarized in Table V. As can be observed, the
average total turnaround time is 23.0μs, while the maximum
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Fig. 12. Probability distribution of the turnaround time ttot of the proposed
control algorithm. The vertical lines indicate the average (solid), 95th percentile
(dash-dotted), 99th percentile (dashed), and the maximum measured turnaround
time (dotted).

turnaround time—which from an implementation perspective, is
the most critical value—is 38.2μs. Both values are well below
the controller sampling interval of Ts = 56μs, demonstrating
that the proposed control algorithm can be executed in real
time with a sufficient margin. The average turnaround time
corresponds to only 41% of the available time budget, leaving
margin for additional functionalities if needed.

A closer look at Table V shows that the auxiliary tasks
taux—which include the DAQ, the reference generation, retriev-
ing values from the LUTs, and the communication with the
FPGA—take up a significant portion of the total turnaround
time. However, these tasks do not depend on the size of the
QP (49), and thus, the variance of taux is relatively small. On
the contrary, the time required to formulate tQP,fr and solve tQP,sl

the QP underlying S-GP3C varies significantly depending on
how many nominal switching time instants txi,ref fall within the
prediction horizon.

Lastly, the probability distribution of the total turnaround time
is shown in Fig. 12. As can be seen, 99% of the turnaround times
are below 30μs, indicating that the worst-case scenarios are ex-
tremely rare. These scenarios occur during large transients when
the three-phase pulse insertion is employed which increases the
number of nominal switching time instants within the prediction
horizon and, consequently, the size of the QP (49) [32]. Never-
theless, even in these cases, the turnaround time remains well
below the controller sampling interval of 56μs.

VI. CONCLUSION

In this article, a control and modulation strategy, which
leverages both MPC and OPPs, was proposed for an MV 5L-
NPC H-bridge drive system. Tailored OPPs are designed to
address system-specific challenges, significantly reducing the
DC-link voltage ripple—an inherent issue of the topology at
hand—while simultaneously achieving very low stator current
TDD. In addition, due to the optimal selection of single-phase
redundancies, and the proposed NP potential balancing mech-
anism, the NP potential voltage stays balanced while equal
utilization of switching devices is achieved. Inspired by [22], a
high-bandwidth closed-loop control scheme was developed that

uses output gradients to predict the evolution of the system. In
stark contrast to [22], however, the proposed method, referred to
as S-GP3C, employs a single-phase contribution-based predic-
tion model which enables individual manipulation of the OPP
switching time instants at the single-phase level. By combining
the tailored OPPs with the developed MPC scheme, the proposed
strategy is able to achieve excellent steady-state performance
alongside very fast dynamic responses. The proposed approach
was validated through real-time tests in a HIL environment,
demonstrating its effectiveness in improving drive performance
and its ability to outperform conventional methods such as FOC
with SVM and FCS-MPC.

APPENDIX A
CONTINUOUS-TIME STATE-SPACE MATRICES

The matrices in (6) are

F (t)=

⎡⎢⎢⎢⎢⎢⎢⎢⎢⎣
F IM

Xr

D K

⎡⎢⎣o
T
2 sa(t)

oT2 sb(t)

oT2 sc(t)

⎤⎥⎦
⎡⎢⎣ 1

2XDC

⎡⎢⎣o
Tsa(t)

oTsb(t)

oTsc(t)

⎤⎥⎦K−1 03×2

⎤⎥⎦ 03×3

⎤⎥⎥⎥⎥⎥⎥⎥⎥⎦
G =

VDCXr

2D
K

[
I3 ⊗ oT3
05×12

]
, andC =

[
I2 02×5

03×2

[
03×2 I3

]]
where o2 and o3 are the vectors

o2 = [−1 1 1 1]T and

o3 = [ 1 1 − 1 − 1]T

and F IM is the system matrix of the IM, i.e.,

F IM =

⎡⎢⎢⎢⎣
− 1

τs
0 Xm

τrD
ωr

Xm

D

0 − 1
τs

−ωr
Xm

D
Xm

τrD
Xm

τr
0 − 1

τr
−ωr

0 Xm

τr
ωr − 1

τr

⎤⎥⎥⎥⎦ .

APPENDIX B
DESCRIPTION OF OBJECTIVE FUNCTION (32)

The requirement of 4π-periodicity and HWS, i.e., vn,x(0) =
−vn,x(2π), defines the integration constant ck in (30) as

ck = −vn,x(2π)

2
.

Therefore, when considering one fundamental period of the
OPP and the switch positions that affect the NP potential,
i.e., ux = ±1, the NP potential at switching angle αi, with
i ∈ {1, 2, . . . , 2d}, is given by

vn,x(αi) =
Is

2XDC

⎛⎜⎜⎜⎜⎝
i∑

j=1

gj−1κj −1

2

2d∑
j=1

gj−1κj︸ ︷︷ ︸
ck

⎞⎟⎟⎟⎟⎠
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Mx =

⎡⎢⎢⎢⎢⎢⎣
mx

0 mx
1 · · · mx

zx1
0ny×1 0ny×1 0ny×1 · · · 0ny×1

mx
0 mx

1 · · · · · · · · · mx
zx1+zx2

0ny×1 · · · 0ny×1

...
...

...
...

...
...

...
. . .

...

mx
0 mx

1 · · · · · · · · · · · · · · · · · · mx∑zp
j=1 zxj

⎤⎥⎥⎥⎥⎥⎦.

with κj = cos(αj−1 + φ)− cos(αj + φ). When deriving the
desired objective function, the constant Is

2XDC
can be omitted

as it does not affect the solution. Thus, (31) becomes

Jvn
=

2d∑
i=1

⎛⎝ i∑
j=1

gj−1κj − 1

2

2d∑
j=1

gj−1κj

⎞⎠2

.

By expanding and rearranging the terms in the above expres-
sion, the objective function can be written in the vector form
[see (32)]

Jvn
= gTP (φ)g

with

P =⎡⎢⎣
dκ2

1 (2d− 2)κ1κ2 (2d− 4)κ1κ3 · · · (−2d+ 2)κ2d−1κ2d

0 dκ2
2 (2d− 2)κ2κ3 · · · (−2d+ 4)κ2d−2κ2d−1

.

.

.
.
.
.

.

.

.
. . .

.

.

.
0 0 0 0 dκ2

2d

⎤⎥⎦.

APPENDIX C
DESCRIPTION OF THE OBJECTIVE FUNCTION (48)

By generalizing the expression (45), it can be shown that the
output at the modified pivotal time instants tpj can be written in
the vector form⎡⎢⎢⎢⎢⎣

y(tp1)

y(tp2)
...

y(tpzp)

⎤⎥⎥⎥⎥⎦ =

⎡⎢⎢⎢⎢⎣
y(t0)

y(t0)
...

y(t0)

⎤⎥⎥⎥⎥⎦+
[
Ma M b M c M p

]
t

where matrix Mx ∈ Rnyzp×zx , x ∈ {a, b, c}, is given by un-
numbered equation shown at the top of this page, with mx

j =
mx(txj,ref)−mx(txj+1,ref), and zxj being the number of the
nominal switching time instants between two consecutive piv-
otal time instants, i.e., it holds that

∑zp

j=1 zxj = zx. Moreover,
the matrixM p ∈ Rnyzp×zp is given by

M p =

⎡⎢⎢⎢⎣
mp1 0ny×1 · · · · · · 0ny×1

mp0 mp2 · · · · · · 0ny×1

...
...

...
. . .

...
mp0 mp1 · · · · · · mpzp

⎤⎥⎥⎥⎦
where

mpj =m
a(tazaj ,ref) +m

b(tbzbj ,ref) +m
c(tczcj ,ref)

and

mpj−1 =ma(tazaj ,ref) +m
b(tbzbj ,ref) +m

c(tczcj ,ref)

− (ma(tazaj+1,ref) +m
b(tbzbj+1,ref) +m

c(tczcj+1,ref)).

Based on the above, the vector r and the matrix M in (48) are
given by

r =

⎡⎢⎢⎢⎢⎣
yref(tp1,ref)− y(t0)
yref(tp2,ref)− y(t0)

...

yref(tpzp,ref)− y(t0)

⎤⎥⎥⎥⎥⎦
and

M =
[
Ma M b M c M p

]
.
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